The Hofmann-Mislove Theorem has attracted increasing interest. Through this note we intend to make it easily accessible by a simple direct proof.
Theorem. For every sober space X there is an (order reversing) bijection between the set of Scott-open filters of the lattice tf(X) of open subsets of X and the set of quasicompact saturated subsets ofX.
This theorem as well as the corollaries below were shown by Hofmann and Mislove in [2] , with the help of the Spectral theory of continuous lattices (cf. [1, Chapter V]). More direct, but still in the language of locales, is the proof of Theorem 8.2.5 in [3] . Because of its importance, it seems worthwile to present a simple proof for the theorem which only uses standard general topology. However, we hasten to add that the underlying idea is essentially the same in all three presentations. But first, let us clarify the terminology.
First, a topological space X is called sober if every irreducible closed subset of X is the closure of some point x . Here a closed subset C of X is called irreducible if C is nonempty and cannot be represented as a union of two of its proper closed subsets. Equivalently, the complement U of C is prime in the lattice cf(X) of open subsets of X; i.e., U is a proper open subset of X that cannot be represented as an intersection of two strictly bigger open sets.
Second, let 9~ be a filter in the lattice tf(X), i.e., a collection of open subsets of X such that [2] to have discovered its appropriate generalization to the non-Hausdorff case. It was the aim of this note to make their results easily accessible.
